T (xy) = T (x)y = xT (y) (x, y ∈ A). The left (right) multiplier on L(S) * * is defined by l m (n) = mn, (l m (n) = nm). In general, LUC(S) and RUC(S) are different subalgebras of C b (S) and LUC(S) = RUC(S) if and only if LUC(S) (resp., RUC(S))
is right (resp., left) introverted, (see [2, Theorem 4.4.5] ). For example, if S is a compact semitopological semigroup or a totally bounded topological group, then LUC(S) = RUC(S) [2] . The semigroup S is called left amenable if there is a positive functional m on LUC(S) such that m(l a f ) = m(f ), m = 1 for all f ∈ LUC(S), a ∈ S. Such m is called a left invariant mean on LUC(S) [7] .
Let A be a Banach algebra and B a closed subalgebra of A and i : B → A the inclusion mapping, then π : A * → B * is the restriction mapping which is norm decreasing and onto (by the Hahn-Banach theorem). Following Ghahramani and Lau [3] , we have the following lemma (see [3, Lemmas 1.1, 1.2, 1.4, Proposition 1.3]). 
Proof. (a)⇒(b). Let S be left amenable and m be a left invariant mean on LUC(S).
is weakly compact [2] . Now, we show that if
On the other hand, if we define
then g is well defined and belongs to β(S) (the space of bounded functions on S), then
. Letk 1 be the extension of k 1 to β(S) (by the Hahn-Banach theorem). Then
Hence, by Ryll-Nardzewski fixed point theorem [2] , there exists a point q ∈ K such that δ x q = q. It follows that δ x |q| = |δ x q| = |q|, and q = n ≠ 0. Now, if we take m = |q|/ q , then clearly Proof. Let I be the identity operator on L(S) * * . Then
So, we have
It follows that π is injective from EL(S) * * onto L(S) * * / ker π , therefore π is injective from EL(S) * * onto LUC(S) * , and so π is an algebra isomorphism. We also have 
Proof. (a)⇒(b)
. The proof of this part exactly reads the same line of the proof of (a)⇒(b) of Theorem 3.1, so it is omitted.
( But we are not able to extend this result to M(S) * * .
b)⇒(a). Let T be a nonzero weakly compact right multiplier on L(S)
*
Proposition 3.4. A right multiplier l n (m) = mn (m ∈ LUC(S) * ) is compact if and only if the restriction of l n to M(S) is compact.

Note 3.5. It is clear that M(S) ⊆ LUC(S) * since, if µ ∈ M(S), then we can take µ, f = S f dµ (f ∈ LUC(S)).
Proof. Let l n be compact, then clearly the restriction of l n to M(S) is compact. 
Thus, l n is compact.
Theorem 3.6. Let S be a right cancellative semigroup with identity e and l n a right multiplier on LUC(S)
* . Then l n can be written as a linear combination of four compact
Proof. Let e be the identity of S. Then T (m) = T (mδ e ) = mT (δ e )l T (δe) (m).
2) are Hermitian. So, it suffices to show that l n + k and l n − k are compact. By Proposition 3.4 it suffices to prove that the restrictions of these operators to M(S) are compact. Now since l n is compact on LUC(S) Conversely, let l n be compact for some n ∈ βS, by Theorem 3.6, we may assume that n is positive, then T n (f ) = nf (f ∈ LUC(S)) is compact. Now, let F = range T n . Clearly T n is an algebra homomorphism, since,
Also T n preserves conjugation. So, by [8, Theorem 5.3] , T x f ≥ f (f ∈ LUC(S)). So by open mapping theorem, T n is a homeomorphism. Since T n is compact, F is closed. Also, {T n f | f ∈ LUC(S), T n f ≤ 1} ⊆ {T n f | f ∈ LUC(S), f ≤ 1}, so {T n f | f ∈ LUC(S), T n f ≤ 1} is compact. Therefore F is reflexive. It follows that F is finite dimensional (see [ 
